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Abstract. We complete our derivation of upper limits on the CP violating ηππ
and η′ππ couplings from an analysis of their two-loop contribution to the neu-
tron electric dipole moment (nEDM). As a result we obtain numerical upper
limits for the ηππ and η′ππ branchings and couplings which are important for
planned experiments at JLab. We also derive upper limits on the CP violating θ̄
parameter of QCD θ̄ < 2.8 × 10−10.

1 Introduction

The study of CP-violation in particle physics reaches back over more than 60 years. In partic-
ular, the experimental confirmation of CP-violation in the weak interaction sector is well es-
tablished, as for example for K and B meson physics, and the phenomena are well-explained
in the theoretical framework of the Standard Model (SM). An important topic in the study of
CP-violating physics is the investigation of an electric dipole moment (EDM) of particles, as
the electron, neutron or others [1]. The SM prediction for the neutron EDM (nEDM) is sev-
eral orders lower than existing experimental limits. This also gives the opportunity to search
for additional CP-violating sources which could be based on New Physics or are based on
CP-violation in the strong interaction sector.

In quantum chromodynamics (QCD) an nEDM can be induced due to the addition of a
CP-violating θ-term into the action with

∆L = θ
g2

s

32π2 Ga
µνG̃

aµν, (1)

where gs is the QCD coupling constant, and Ga
µν and G̃aµν = 1

2 ε
µναβGa

αβ are the usual stress
tensor of gluon fields and its dual. The theta term breaks the P- and T-parity invariance and
plays an important role in the description of strong interaction and its properties, in particular,
the QCD vacuum at low energy. It gives a solution of the U(1)A problem of the η′ meson mass
(see, e.g. Refs. [6, 7]).

The θ- term plays a role for the nEDM due to the generation of a CP-violating term in the
strong interaction beween baryon and pseudoscalar fields[8]. A generation of an nEDM is
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also possible by taking into account the CP-violating transitions of η and η′ to a pair of pions.
The relevant couplings are also connected to the θ- parameter of CP-violation [9] as:

f θ̄ηππ = −
1
√

3

θ̄ M2
π R

Fπ Mη (1 + R)2 , f θ̄η′ππ =
√

2 f θ̄ηππ
Mη

Mη′
, (2)

where θ̄ is the QCD vacuum angle, R = mu/md is ratio of masses of the u and d current quarks,
Fπ = 92.4 MeV is the pion decay constant, and Mπ = 139.57 MeV is the charged pion mass.
Existing experiments give only upper limits for these decay widths [10]. Branchings of these
CP-violating decays related to data of nEDM result in values which are orders of magnitude
lower than the ones obtained from the direct experiment. Nevertheless, existing and future
experimental programs for studying such rare CP-violating η and η′ decays have the aim to
increase the sensitivity and search for possible sources related to new physics.

In addition, the study of model parameters of CP-violation gives a chance to investigate
CP-violation at the next level — nuclear, atomic or molecular. Measurements at this new level
can also give information and bounds on CP-violating parameters or the possibility to search
for new physics beyond the SM. Future experiments will improve the sensitivity by one order
of magnitude to ∼ 10−27 − 10−28e· cm using a variety of different technical approaches and
experimental modifications.

To get an estimate for a possible nEDM by taking into account the η and η′ into two pions
transition processes two-loop Feynman diagrams have to be evaluated. For simplicity we use
a pseudoscalar (PS) approach with the non-derivative pion-nucleon coupling gπNN iγ5. We
focus on the determination of the CP violating couplings ηππ and η′ππ from the bounds on the
nEDM. Our formalism is based on a phenomenological Lagrangian describing the interaction
of nucleons with pseudoscalar mesons (pions and η(η′) mesons). The interaction of charged
particles with photons has been introduced via minimal and non-minimal substitution.

2 Framework

We use a phenomenological Lagrangian Leff formulated in terms of hadronic degrees of
freedom (nucleons N = (p, n), pions π = (π±, π0), H = (η, η′) mesons) and photons Aµ.
It separates into a free L0 and an interaction part Lint with

Leff = L0 +Lint . (3)

L0 includes the usual free terms of nucleons, mesons, and photons

L0 = N̄(i 6∂ − MN)N +
1
2
~π (� − M2

π)~π +
1
2

H(� − M2
H)H −

1
4

FµνFµν , (4)

where � = −∂µ∂
µ, Fµν = ∂µAν − ∂νAµ is the stress tensor of the electromagnetic field,

MN , Mπ, and MH are the masses of nucleons, pions, and η(η′) mesons, respectively. The
interaction Lagrangian Lint is given by a sum of two parts. The first part contains the strong
interaction terms, which describe the CP-even couplings of nucleons with pions LπNN and
η(η′) mesons LHNN and the CP-violating η(η′)ππ coupling LCP

Hππ. The second part includes
the electromagnetic interaction terms, describing the coupling of charged pions and nucleons



with the photon (LγNN and Lγππ, respectively):

Lint = LπNN +Lη(η′)NN +LCP
η(η′)ππ +LγNN +Lγππ ,

LπNN = gπNN N̄iγ5~π ~τN ,

LHNN = gHNN HN̄iγ5N ,

LCP
Hππ = fHππMH H~π 2 ,

LγNN = eAµN̄
(
γµQN +

iσµνqν
2MN

kN

)
N ,

Lγππ = eAµ

(
π−i∂µπ+ − π+i∂µπ−

)
+ e2AµAµπ+π− , (5)

where gπNN =
gA
Fπ

MN , gA = 1.275 is the nucleon axial charge, Fπ = 92.4 MeV is the pion
decay constant, gHNN and fHππ are corresponding CP-even and CP-odd couplings between
pions and η(η′), γµ and γ5 are the Dirac matrices, and σµν = i

2 [γµ, γν]. The values of gηNN

and gη′NN are taken from Ref. [14]: gηNN = gη′NN = 0.9. Note that in the case of nucleons
we include both minimal and nonminimal electromagnetic couplings. Here QN = diag(1, 0)
and kN = diag(kp, kn) are the diagonal matrices of nucleon charges and anomalous magnetic
moments, respectively, where kp = 1.793 and kn = −1.913.

The pseudoscalar (PS) nucleon-meson coupling is equivalent to the more commonly used
pseudovector (PV) theory (see details in [11–13]). The PS approach is convenient for the cal-
culation of the nEDM taking into account two loop Feynman diagrams with the CP-violating
η(η′) → ππ transition. Results for the relevant diagrams (Fig.1 and Fig.2.) do not have
logarithmic divergences as in the PV case. Additional terms in the PV approach will be
proportional to

∼
1

2F2
π

(gA − 1)
i

4π2 Γ(ε)
(

4πµ2

M2
π

)ε
where µ is the parameter of dimension regularization (dimension d = 4 − 2ε) and this term
should be renormalized by introducing a low energy counter term in the PV theory.

3 Neutron EDM
The diagrams which describe a nEDM contribution due to a CP-violating transition of η and
η′ mesons into two pions are shown in Fig.1 and Fig.2. The matrix element corresponding
to the diagrams of Figs. 1 and 2 or the electromagnetic vertex function of the neutron is
expanded in terms of four relativistic form factors FE (electric), FM (magnetic), FD (electric
dipole) and FA (anapole) as

Minv = ūN(p2) Γµ(p1, p2) uN(p1) , Γµ(p1, p2) = γµ FE(q2) +
i

2MN
σµνqν FM(q2)

+
1

2MN
σµνqνγ5 FD(q2) +

1
M2

N

(γµq2 − 2MNqµ)γ5 FA(q2) (6)

where p1 and p2 are the momenta of the initial and final neutron states, q2 = (p2 − p1)2 is the
transfer momentum squared. The nEDM is defined as dE

n = −FD(0)/(2MN).
The generic contribution of these diagrams to the nEDM is written as:

−ūN(p2) di
N σ

µνqνγ5 uN(p1) + . . . = fHππ gHNN g
2
πNN MH

{
I1
loop +

kN

2MN
I2
loop

}
, (7)

where I1
loop and I2

loop is sum of two Feynman diagrams. These diagrams provide an nEDM
by interaction of the external electromagnetic field with minimal and non-minimal coupling
to the baryon and pion field, respectively and are shown in Figs. 1 and 2. Details of the
calculation of these two -oop Feynman diagrams (Fig.1 and Fig.2) can be found in [4, 5].
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Figure 1. Diagrams contributing to the nEDM which are induced by the minimal electromagnetic
couplings of proton and charged pions. The solid square denotes the CP-violating η π+π− vertex.
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Figure 2. Diagrams contributing to the nEDM which are induced by the nonminimal electromagnetic
couplings (anomalous magnetic moments) of nucleons. The solid square denotes the CP-violating
η(η′) ππ vertex. Empty and shaded circles correspond to the nonminimal electromagnetic couplings of
neutron and proton, respectively.

4 Results and discussion

Our numerical result for the nEDM induced by the CP violating η(η′)ππ couplings and the
anomalous magnetic moments of nucleons [5] is

dE,k
n ' (−0.14 fηππ + −0.22 fη′ππ) × 10−16 e · cm . (8)

The full result including both minimal and nonminimal electromagnetic couplings of nucle-
ons can easily be computed by taking into account our previous results of Ref. [4] restricted
to the case of minimal coupling:

dE
n ' (6.62 fηππ + 7.64 fη′ππ) × 10−16 e · cm . (9)

The bounds for the branching ratios of the rare decays Γηππ and Γη′ππ are strongly sup-
pressed when compared to existing data [10]

Br(η→ π+π−) < 5.54 × 10−17 , Br(η′ → π+π−) < 5.33 × 10−19 , (10)

Br(η→ π0π0) < 2.27 × 10−17 , Br(η′ → π0π0) < 2.17 × 10−19 . (11)

The CP-violating ηππ and η′ππ couplings are estimated using Eq. (9) and limits on the
nEDM [16]:

| fηππ(M2
η)| < 4.4 × 10−11, | fη′ππ(M2

η′ )| < 3.8 × 10−11 . (12)



We can extract θ̄ from the experimental limit on the nEDM [16] substituting the QCD
relations between f θ̄η(η′)ππ and θ̄ (2) into the expression for the nEDM (9). For the quark mass
ratios taken from ChPT and LQCD we get:

dE
n ' (0.65 × 10−16) · θ̄ e · cm (ChPT) ,

dE
n ' (0.65 × 10−16) · θ̄ e · cm (LQCD) . (13)

Using data on the nEDM [17] we extract the following upper limits for θ̄

θ̄ = 4.4 × 10−10 (ChPT) , θ̄ = 4.7 × 10−10 (LQCD) . (14)

Using the measurement on the nEDM with the limit |dE
n | < 1.6 × 10−26 e · cm [17] we

deduce θ̄ = 2.4× 10−10 (ChPT) and θ̄ = 2.6× 10−10 (LQCD). This result should be compared
to the bound on θ̄ directly obtained from the experimental constraint on nEDM with θ̄ <
1.1÷6·10−10 [8, 18, 19]. Our calculation shows ( this finding is independent of the assumption
that CPV η, η′-decays are generated by the same mechanism as the nEDM) that the very
tight experimental limits on the nEDM exclude large contributions to η(η′) → ππ decays
beyond that captured by the Peccei-Quinn mechanism [20]. The main difference with our
calculation is that in the Peccei-Quinn mechanism the CPV η(η′)ππ couplings are suppressed
by M2

π in the chiral limit. We opted to relax this constraint but the effect of this assumption
is marginal. Note that the fact that our two-loop result does not contain chiral divergences
essentially means that chiral symmetry does not play a role in our scenario, consistent with
the assumption that the couplings fηππ and fη′ππ may not be suppressed by the pion mass
squared.

In conclusion, we studied limits of the QCD CP- violating parameter θ̄ and branchings of
the CP- violating rare decays η → ππ and η′ → ππ using a phenomenological Lagrangian
approach. We particularly took into account both minimal and nonminimal couplings of the
nucleon to the external photon and the interaction of the external photon with charged pion
fields. The nEDM was induced by the CP violating η(η′) → ππ couplings. Obtained results
will be important for the planned experiments on rare η and η′ meson decays at JEF [21].

The work is supported by the Ministry of Education and Science of the Russian Federa-
tion, project No 3.9594.2017/8.9.
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